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Example.

(1) f(x) = k 2 R[a, b] 8 k 2 R.

Proof. Let
•
P =

n�
[xi�1, xi], ti

�on

i=1
be any tagged partition of [a, b]. Then

S(f ;
•
P ) =

nX
i=1

f(ti)(xi � xi�1)

=
nX

i=1

k(xi � xi�1)

= k
nX

i=1

(xi � xi�1)

= k(b� a).

Thus, 8 ✏ > 0, choose �✏ = 1. Then k
•
Pk < �✏ =)

|S(f ;
•
P )� k(b� a)| = 0 < ✏.

Since ✏ is arbitrary, f 2 R[a, b] and

Z b

a
f = k(b� a). ⇤


