2.4. APPLICATIONS OF THE SUPREMUM PROPERTY 29

1
COROLLARY (2.4.5). Ift >0, thendn, e No>- 0 < — < t.

Uz
PROOF. Since inf{% ‘n e N} =0andt >0,
t is not a lower bound of inf{% 'n e N}, S0
ElntENS—0<i<t. []

Uz

COROLLARY (2.4.6). Ify >0, then 3 n, e N>-n, —1 <y <n,.
PROOF. Let £, = {m € N:y <m}.

By the Archimedean property, £, # 0.

By Well-Ordering, E, has a least element, say n,,.

Then n, —1¢& L), so

n, —1<y<mny,. []



