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Corollary (2.4.5). If t > 0, then 9 nt 2 N 3�� 0 <
1

nt
< t.

Proof. Since inf
n1

n
: n 2 N

o
= 0 and t > 0,

t is not a lower bound of inf
n1

n
: n 2 N

o
, so

9 nt 2 N 3�� 0 <
1

nt
< t. ⇤

Corollary (2.4.6). If y > 0, then 9 ny 2 N 3�� ny � 1  y < ny.

Proof. Let Ey = {m 2 N : y < m}.

By the Archimedean property, Ey 6= ;.
By Well-Ordering, Ey has a least element, say ny.

Then ny � 1 62 Ey, so

ny � 1  y < ny. ⇤


