3.5. THE CAUCHY CRITERION 69
1
EXAMPLE. z1 =1, 29 =2, z, = 5(1’”_2 + x,_1) for n > 3.
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(a) (z,) is contractive. Thus (z,) converges.

PROOF.
1
Zpg2 — Tns1| = |=(@n + Tog1) — Tpga| = ﬂfn — —$n+1 ’$n+1 — Zp|.
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(b) Note that
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(c) [To find lim(zoy+1) = lim(zy,).]
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Thus lim(x,,) = lim(xe,41) = =



