8 1. PRELIMINARIES

THEOREM (1). WO <= MI < SI.
PROOF.

(WO = M1I).

Suppose S C N>~ 1€ Sand (k€ S = k+1¢€5) [so we need to prove
S =N], but S # N.

Then N\S = 0,

so by WO N\S contains a least element, say m.
Sincele S m#1,som>1landm—1¢&N.,
[Where ism — 1?]

Since m — 1 < m and m is the least element of N\ S,
m—1¢€5.

Then (m—1)+1=m € S, contradicting that m € N\ S. Since our assumption
that S # N led to this contradiction, S = N, proving M 1.



